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ABSTRACT In this paper, a novel phase offset (PO)-aided index modulation (IM) for orbital angular
momentum (OAM) communication, called OAM-PO-IM, is proposed to enhance capacity. The proposed
system conveys two types of index information including an active mode combination (AMC) and
misalignment of PO states. This method leverages the PO state induced by the selective activation of antenna
elements within a uniform circular array (UCA). Specifically, a UCA is divided intomultiple uniform circular
subarrays (UCSAs) in the transmitter, and additional index bits are allocated according to the activation
state of the UCSAs. In addition, the modified Bessel function (MBF) of the first kind is used to derive
the channel model to allow a straightforward determination of the optimal AMC for the OAM-IM system.
To detect index and symbol bits, the receiver provides a maximum likelihood (ML) detector and a new
low-complexity ML detector using the log-likelihood ratio (LLR). The effectiveness of the proposed OAM-
PO-IM is verified through comprehensive simulations that benchmark its performance against the existing
OAM and OAM-IM in terms of sum capacity, bit error rate (BER), and energy efficiency. Compared with
the OAM-IM, the proposed OAM-PO-IM provides a capacity gain of additional log2G bps/Hz, where G
denotes the number of UCSA. Furthermore, this scheme improves the gain by approximately 1 dB at a BER
of 10−4 for active mode LA = 2 at 6 bps/Hz.

INDEX TERMS 6G, index modulation (IM), orbital angular momentum (OAM), uniform circular
array (UCA), phase offset (PO).

I. INTRODUCTION
Recently orbital angular momentum (OAM) has attracted
interest in radio communication to enhance spectral
efficiency (SE). The vortex electromagnetic (EM) waves of
OAM are generated by twisting or rotating the waves around
the axis of propagation, which is known as OAM mode.
Theoretically, OAM vortex waves with the same frequency
can exist in an infinite number of inherently orthogonal
modes. Mode division multiplexing (MDM) using OAM has
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particularly attracted research interest because of its potential
to enhance SE. This technique involves multiplexing signals
by using a set of orthogonal OAM modes at the same
frequency [1], [2]. In 2021, NTT demonstrated an OAM
multiplexing communication system achieving data rates
over 200 Gbit/s in the 28 GHz band [3]. Additionally, OAM
multiplexing has been demonstrated in the sub-THz and THz
bands [4], [5].
Specific antenna types are required to generate a vortex

beam for OAM communication, such as spiral phase plates,
helicoidal parabolic antennas, uniform circular arrays (UCA),
and metasurfaces. The UCA antenna structure is widely
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FIGURE 1. Misalignment in Tx-Rx UCA (a) Tilting (b) Displacement
(c) Rotation (phase offset).

used to generate unique OAM modes due to its simple
structure and compatibility with antenna arrays at 4G/5G/6G
base stations [6], [7]. However, UCA-based OAM still
presents technical challenges, such as misalignment and
beam divergence.

One of the challenges in UCA-based OAMcommunication
is the misalignment occurring between the transmitter (Tx)
and receiver (Rx) UCA antennas. Generally, misalignment
of OAM communication is categorized into three types:
tilting, displacement, and rotation [8], [9], as shown in Fig. 1.
It can be seen from the figure that Tx and Rx UCA are
located in the xy-plane and the beam axis is the z-axis.
The tilting misalignment was characterized by the Tx and
Rx UCA planes not being parallel, exhibiting an oblique
angle between transceiver UCAs. However, displacement and
rotation misalignment were observed when the Tx and Rx
UCA planes were parallel. A displacement misalignment is
identified when the center of the Rx UCA does not aligned
with that of the transmitted beam. Rotation misalignment,
referred to as phase offset (PO) in this paper, is observed
when one UCA rotates around the beam axis, while
the Tx and Rx UCAs retain parallel planes and aligned
center. Consequently, tilting and displacement misalignment
lead to notable performance degradation by distorting the
OAM beams, resulting in inter-mode interference and mode
turbulence [8]. In contrast, PO misalignment predominantly
influences the phase front while maintaining orthogonality
among the different modes [9].

Although OAM theoretically supports infinite orthogonal
modes, practical limitations affect the mode usability. Specif-
ically, high-order OAM mode beams tend to diverge and
suffer significant attenuation in free space [10]. To mitigate
the impact of beam divergence, the use of low-order
OAM modes rather than high-order modes is beneficial
for achieving higher SE. Therefore, in the OAM-MDM
system, optimizing mode combinations based on the antenna
structure to mitigate beam divergence and maximize capacity
has become a crucial topic [11].

To further improve the SE of OAM, integrated index
modulation (IM) with the OAM-MDM scheme was first

proposed in [12] by activating several OAM modes, namely
OAM-IM. OAM-IM achieved better error performance
than OAM-MDM with similar detection complexity by
employing low-complexity detection. The study in [13]
expanded the OAM-IM methodology by adjusting dif-
ferent modulation orders for each activated OAM mode,
with higher SE. Further advancing the field, [14] intro-
duced two robust detectors for OAM-IM under conditions
of tilting misalignment, employing both the angle of
arrival (AoA) and deep learning (DL) techniques. However,
these studies have not yet investigated the optimal mode
combination to maximize the capacity of an OAM-IM
system.

In [15], OAM spatial modulation (OAM-SM) was
introduced for a millimeter-wave communication sys-
tem, leveraging the spatial distribution characteristics of
OAM beams. To generate beams with different OAM
modes, antennas configured in a uniform linear array were
equipped with traveling-wave-ring resonators. Depending
on the antenna structure, the OAM-SM system can trans-
mit signals through a single OAM mode by select-
ing one of the transmission antennas. However, this
approach did not consider mode multiplexing or OAM-IM
integration.

Motivated by the above discussion, this paper introduces
a novel OAM-IM technique that utilizes both an active
mode combination (AMC) and an activation pattern of a
subset of antenna elements in the UCA structure. Specifically,
the activation of these subset antenna elements leads to
a misalignment of the PO state, which we refer to as
the OAM-PO-IM system. Inspired by grouping generalized
spatial modulation (gGSM) [16], [17], the proposed system
is equipped with a transmitter with a single UCA antenna
divided into numerous uniform circular subarrays (UCSA).
Correspondingly, the receiver employs a singular UCA
antenna that embodies the same antenna configuration as
the Tx UCSA. The transceiver can adjust the alignment or
misalignment state depending on the active UCSA, thereby
allowing the allocation of additional index bits using the
IM technique. Consequently, OAM-PO-IM offers an efficient
approach for improving the capacity with fewer active
RF chains.

The main contributions of the paper are summarized as
follows.

• In this paper, a new OAM-IM scheme is proposed
using UCSA activation as the PO state difference, called
OAM-PO-IM.

• An effective AMC selection scheme is introduced by
deriving an OAM channel model using a modified
Bessel function (MBF). This approach employs a
priority-based methodology for the lower-order OAM
modes.

• Two detectors for OAM-PO-IM are proposed as
a maximum likelihood (ML) detector and a log-
likelihood ratio (LLR) based low-complexity ML
detector.
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FIGURE 2. Transceiver system for the proposed OAM-PO-IM.

FIGURE 3. Azimuth angle of the UCSA in a Tx UCA (a) G = 2, U = 4
(b) G = 2, U = 8 (c) G = 4, U = 4.

• The proposed system is analyzed and simulated in terms
of the sum capacity bounds by mutual information (MI),
upper bound of the bit error rate (BER), and energy
efficiency compared to the existing OAM and OAM-IM
schemes.

The remainder of this paper is organized as follows.
Section II describes the OAM-PO-IM system and channel
model. Section III presents an effective AMC selection
scheme for the OAM-IM. Section IV presents the perfor-
mance analysis in terms of sum capacity, BER, complexity,
and energy efficiency. The numerical results are presented
in Section V. Finally, the conclusions are presented in
Section VI.

II. SYSTEM MODEL
The proposed system employs the UCSA in the MDM-based
OAM-IM system investigated in [12], as shown in Fig. 2.
In the OAM-IM system, more than one OAM mode LA is
activated simultaneously, and the kth AMC can be denoted
as Lk = {l1, · · · , lLA}. Moreover, the active LA OAM
modes transmit different data symbols. Consequently, the
LA modes transmit modulated signals through the selected
UCSA. The total number of antenna elements for the Tx
and Rx UCA are N and M , respectively. A single UCA is
composed of G UCSA groups, with each UCSA comprising
U antenna elements, where N = GU . It is assumed
G ≥ 2 to incorporate the principle of IM. In addition,

FIGURE 4. Difference in the shape and distribution of the phase front
with OAM mode l = 2 (a),(b) align case (c),(d) phase offset misalignment
case, where 2rr is diameter of Rx UCA, the point A and B are the antenna
elements forming the minimum spacing of Rx UCA.

the number of antenna elements is matched between the
Tx and Rx UCA to maximize channel capacity. Therefore,
in this paper, it is assumed that Tx UCSA and Rx UCA
have an equal number of antenna elements as U = M . The
bit per channel use (bpcu) of the proposed system can be
written as

η = LA log2M︸ ︷︷ ︸
symbol bits,ηS

+
⌊
log2G

⌋
+
⌊
log2 C(L,LA)

⌋︸ ︷︷ ︸
index bits,ηP+ηL

, (1)

where ⌊·⌋ represents the floor function and C(·, ·) is the
binomial coefficient. M-ary phase shift keying (PSK) was
considered for modulation. L is the total number of OAM
modes in the given UCSA. Generally, the available OAM
mode can be represented as ⌊

−U+2
2 ⌋ ≤ l ≤ ⌊

U
2 ⌋ where

the maximum number of OAM modes is U Tx antenna
elements [18]. Although OAM mode 0 is not a vortex
beam, earlier research on OAM included it by placing an
extra antenna in the center of the UCA. However, the
OAM mode 0 state is excluded in our proposed PO-IM
scheme since the PO state characteristic only occurs in
vortex beams. Therefore, the available OAM mode in
this paper can be denoted as L =

[
⌊

−U+1
2 ⌋, · · · , ⌊U2 ⌋

]
and 0 /∈ L.
According to the properties of the vortex beam, the OAM

beam is generated by the phase-shifted signal as the helical
phase term ejlϕ , where l is the index of the OAM mode and
ϕ is the azimuth angle. In the basic UCA structure, the nth
and the mth azimuth angle of the Tx and Rx UCA denote
ϕn =

2π (n−1)
N +α0 and ϕm =

2π (m−1)
M +θ0, respectively. Here,

a0 and θ0 are the initial angles of the first element position in
the Tx and Rx UCA, respectively. For simplicity, a0 and θ0
were set to zero.
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A. PO STATE GENERATION
To generate the PO states, the Tx UCA is divided into
multiple UCSAs. Each subset of active antenna elements is
uniformly distributed in a UCSA structure adhering to the
inherent UCA configuration. To maintain a practical and
effective design, we assumed that the minimum number of
elements per UCSA to be min(U ) = 4. Furthermore, the
maximum number of groupsGwas determined to ensure that
the spacing between adjacent elements within each UCSA,
du,u+1 remained larger than λ/2, where λ is the wavelength of
the carrier frequency. This spacing criterion is critical to avoid
mutual coupling effects that can degrade system performance
in antenna design [11]. With the PO state set, the azimuth
angle for the uth elements corresponding to the gth UCSA
can be expressed as

ϕ(g)
u = ϕu + αg =

2π (u− 1)
U

+
2π (g− 1)

N
, (2)

where ϕu denotes the azimuth angle of the uth element of the
Tx UCSA. αg represents the initial angle of the first element
corresponding to the gth UCSA. Fig. 3 shows an example of
the azimuth angle in the Tx UCA structure of the proposed
system. Each UCSA consists of elements of the same color
in the figure. For example, as illustrated in Fig. 3.(a), a Tx
UCA can be divided into two UCSAs (G = 2) consisting
of U = 4 elements. In this case, the initial angle of each
UCSA is denoted by α1 = 0◦ and α2 = 45◦. Fig. 3.(b) and (c)
represent the Tx UCA with N = 16 elements decomposed
into G = 2, 4, respectively.

The feasibility of the PO state is expressed in terms of the
EM waves, as shown in Fig. 4. It can be seen from the figure
that the phase front shape and distribution for OAM mode
l = 2 are different with respect to align and POmisalignment
cases. Figs. 4.(a) and (b) illustrate the align case, whereas
(c) and (d) represent the PO misalignment case, respectively.
The phase front shapes are shown in Figs. 4.(a) and (c),
where the dashed circle represents the Rx antenna with a
diameter of 2rr , and points A and B denote the antenna
elements forming the minimum spacing of the Rx antenna.
Differences depending on the PO state can be observed
through the distribution along the phase front axis, as depicted
in Figs. 4.(b) and (d). As shown in the figure, the PO state
generates unique phase fronts. Hence, this characteristic of
the PO state is proposed to be utilized as an index resource in
this paper.

To verifywith the formula, themodes can be demultiplexed
by applying a phase term e−jϕm on the receiver side [19].
The sum of the received azimuth phase of the mth element
at the Rx UCA, corresponding to the transmitted l mode and
the expected l̂ mode, can be represented as

M∑
m=1

exp
[
j
(
2π (u− 1)

U
+ αg

)
l
]
exp

[
−j

2π (m− 1)
M

l̂
]

=

M∑
m=1

exp
[
j
2π (m− 1)

M

(
l − l̂

)
+ jαgl

]

=


0, l ̸= l̂;
M , l = l̂, w/o PO;

M exp(jαgl), l = l̂, w/ PO,

(3)

Note that the sum of the received azimuth phases can be
zero when different OAMmodes are used. However, different
PO states for the same modes have distinct phase sums.
According to (3), the PO state can be distinguished in the EM
waves. Moreover, the generation of dual and multimodes has
been verified in previous studies [6], [20]. In the next section,
we introduce the channel and signal model incorporating the
proposed PO state, considering a radio line-of-sight (LOS)
OAM communication system.

B. CHANNEL AND SIGNAL MODEL
By applying the free space LoS channel model [2], the
channel between the uth antenna element corresponding to
the gth UCSA and the mth Rx antenna element can be
expressed as

h(g)mu =
β

2k0d
(g)
mu

e−jk0d
(g)
mu , (4)

where λ is the wavelength of the carrier frequency,
k0 = 2π/λ is the propagation constant, β is a constant related
to antenna gains. The distance from the uth element in the gth
Tx UCSA to the mth Rx UCA element is represented as

d (g)mu =

√
D2 + r2t + r2t − 2rtrr cos

(
ϕm − ϕ

(g)
u

)
(a)
≈

√
D2 + r2t + r2r −

rtrr cos
(
ϕm − ϕ

(g)
u

)
√
D2 + r2t + r2r

, (5)

whereD is the transmission distance and rt and rr are the radii
of the Tx and Rx UCA, respectively. (a) follows by defining
√
1 − 2x ≈ 1 − x based on the Taylor series expansion and

rt , rr ≪ D [21].
By substituting (5) into (4), the proposed channel between

the uth Tx and the mth Rx antenna element corresponding to
the gth Tx UCSA can be rewritten as

h(g)mu ≈
βe−jk0

√
D2+r2t +r2r

2k0
√
D2 + r2t + r2r

e
jk0

rt rr cos
(

ϕm−ϕ
(g)
u

)
√

D2+r2t +r2r . (6)

The same input signal sl is fed by the array elements in the
UCA with different phase shifts ejϕ

l
u corresponding to each

element [21]. In the proposed system, the same input signal
was applied to each Tx UCSA. The transmit signal with the
MDM corresponding to the uth element on the gth Tx UCSA
is given by

x(g)u =

∑
l∈Lk

x(g)l,u =

∑
l∈Lk

1
√
U
slejϕ

(g)
u l, (7)

where x(g)l,u denotes the lth mode signal to the uth element
on the gth Tx UCSA. Lk = {k1, k2, . . . , kLA} is the set
of active OAM modes for the kth AMC of OAM-IM, where
k ∈ {1, 2, . . . , pc} and pc = 2⌊log2 C(L,LA)⌋ is the total
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number of AMC [12]. Using (7), the transmit signal vector
corresponding to the gth Tx UCSA can be written as

x = WH s, (8)

where x ∈ CN×1 is defined as the transmit signal vector
consisting of all Tx UCSA signals x =

[
x(1)x(2) · · · x(G)

]T
.

The signal vector of the gth Tx UCSA is x(g) =

[
x(g)u

]
U×1

.

WH
= diag

[
WH

(1)W
H
(2) · · ·W

H
(G)

]
is a N × N diagonal

matrix, where WH
(g) is an U × U inverse discrete Fourier

transform (IDFT) matrix corresponding to the gth Tx UCSA.
s is N -dimensional transmitted signal vector.
The transmitted signal vector s consists of the active

symbol vector ςl and some zero values owing to IM as the
AMC and UCSA pattern based on the look-up table (LUT).
Thus, s can be rewritten by the AMC matrix ϒk ∈

CL×LA , k = {1, · · · , 2ηL } and the activeUCSApatternmatrix
Vg ∈ CN×L , g = {1, · · · , 2ηP}. Consequently, the f th
proposed index matrix can be denoted as 3f = Vϒ ∈

CN×LA , f = {1, · · · ,F}, and F = 2ηP+ηL , which consists
of LA non-zero elements and LA(N − 1) zero elements in a
matrix.

For example, the proposed system considers the number of
Tx UCA elements N = 8, the number of Tx UCSA G = 2,
and active OAMmodes LA = 2 out of L = 4. The set of AMC
can be denoted as L = {(−2,−1), (−2, 1), (−1, 1), (1, 2)}.
The optimal AMC is discussed in detail in Section III.
Suppose active OAM mode L3 = (−1, 1) and index of PO
state g = 2, that is, f = 7, the transmitted signal vector with
the index matrix is given by

s = 37ς =

[
0 0 0 0 0 1 0 0
0 0 0 0 0 0 1 0

]T [
ς1
ς2

]
=
[
0 0 0 0︸ ︷︷ ︸

g=1

0 ς1 ς2 0︸ ︷︷ ︸
g=2

]T
,

(9)

where ς = [ςl]TLA×1 is the active signal vector for the LA
OAM modes. Therefore, the final transmitted signal vector
consists of LA non-zero values and (N − LA) zero values.
The received signal at themth antenna element correspond-

ing to the lth OAM mode can be represented as

ym,l =

∑
l∈Lk

U∑
u=1

1
√
U
h(g)mus

(g)
l ejϕul + wm =

∑
l∈Lk

h(g)ml s
(g)
l + wm,

(10)

where wm is the additive white Gaussian noise with zero
mean and variance σ 2

m. h
(g)
ml denotes the channel vector for the

mth Rx UCA antenna element corresponding to the lth OAM
mode, and it can be rewritten using MBF as follows:

h(g)ml =

U∑
u=1

1
√
U
h(g)mue

jϕul

=
A

√
U

U∑
u=1

e
j
k0rR cos

(
ϕm−ϕ

(g)
u

)
√
D2+r2+R2 ejϕul

≈
A

√
U
ej(ϕm−αg)l U

2π

∫ 2π

0
e
j k0rR cosϕ′

√
D2+r2+R2 e−jϕ

′l dϕ′

= A
√
Uej(ϕm−αg)lIl

(
k0rR

√
D2 + r2 + R2

)
, (11)

where A =
βe−jk0

√
D2+r2t +r2r

2k0
√
D2+r2t +r2r

and ϕ′
= ϕm − ϕ

(g)
u =

ϕm − ϕu − αg. The MBF of the first kind as Il(x) =

1
2π

∫ 2π
0 e(x cos θ−jlθ)dθ is used to obtain the practical impact

of the OAM beam divergence corresponding to the lth
mode instead of BF. In contrast to oscillatory BF solutions,
MBF-based performance demonstrated that a lower-order
OAM mode leads to higher capacity [22]. The MBF related
to BF is represented as In(x) = j−nJn(jx) [23].
In contrast, an OAM channel with mode properties can be

represented as a matrix. The channel matrix between the gth
Tx UCSA and Rx UCA H (g) can be expressed as

H (g)
= WH

(g)0
(g)W (g), (12)

where H (g)
∈ CM×U is the circulant matrix, that is,

M = U . W (g) ∈ CM×M is the unitary discrete Fourier
transform (DFT) matrix and 0(g)

∈ CM×U is a diagonal
matrix, which isM -point DFT of the first row corresponding
to H (g). In other words, the diagonal element γl of 0(g)

denotes the lth singular value corresponding to H (g). Thus,
themagnitudes of (11) and0(g) corresponding to the lthmode
are considered the channel amplitude gains and have the same
value [24]. The received signal vector can be written as

y = Hx+ z, (13)

where H = [H (1)H (2)
· · ·H (G)] denotes an M × N channel

matrix. At the receiver, we multiply the received vector using
DFT as follows:

ỹ = Wy=W
([
H (1)x(1),· · · ,H (g)x(g), · · · ,H (G)x(G)

]
+z
)

= 0s+ z̃. (14)

For all possible cases of PO state, OAM mode combina-
tions, and data symbols, the joint ML detector can be derived
as follows.(

ĝ, k̂1, · · · , k̂LA , ς̂k̂1 , · · · , ς̂k̂LA

)
= arg min

g,Lk ,s
∥ỹ− 0s∥2.

(15)

where ĝ is the active PO state, k̂i is the ith active OAMmode,
and ŝk̂i is the estimated symbol value corresponding to the ith
active OAM mode.

However, the ML detection method should search through
all possible combinations of active OAM modes, active
PO states, and modulated signals, resulting in exponentially
increasing complexity as bpcu increases. To reduce the
complexity of the ML detector, previous work on OAM-IM
proposed a low-complexityML detectionmethod that utilizes
the log-likelihood ratio (LLR) [12], [13]. Inspired by this,
a low-complexity LLR-based ML detector is proposed for
OAM-PO-IM in the next subsection.
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C. PROPOSED LOW COMPLEXITY DETECTION
OF OAM-PO-IM
This section introduces the proposed LLR-based low-
complexity ML detection method for the OAM-PO-IM
system. The proposed detection method consists of two
parts. Initially, an LLR detector is employed to decode
the index bits. Subsequently, an ML detector is used to
decode the symbol bits. The PO state and active OAM mode
combinations are identified using an LLR detector. The LLR
for each OAMmode corresponding to the gth PO state can be
expressed as

λ
(g)
l = ln

∑
ς∈s P (sl = ς | ỹl)

P (sl = 0 | ỹl)

= c+
|ỹl |

2

σ 2
n

+ln

(∑
ς∈s

exp
(

−
1
σ 2
n

∣∣∣ỹl − 0(g)(l, l)ς
∣∣∣2)) ,

(16)

where c represents a constant term that can be ignored. ς

denotes the modulation symbol and 0(g)(l, l) is the (l, l)th
element of the OAM channel 0 corresponding to the gth PO
state. The sum of the LLR for each active mode combination
k corresponding to the gth PO state can be calculated as
follows:

λ(k,g)
=

∑
l∈Lk

λ
(g)
l , (17)

Then, the PO state ĝ and index active mode combination k̂
are estimated as

[ĝ, k̂] = argmax
k,g

λ(k,g), (18)

After decoding the combination of the PO state and active
modes, the data symbols can be decoded via the ML detector
as follows:

ς̂l = argmin
ς

|ỹl − 0(ĝ)ς |
2. (19)

III. AN EFFECTIVE AMC SELECTION SCHEME
The total capacity of an OAM system depends on pre-
determined index LUTs. In particular, the optimal AMC
selection scheme is required to maximize the sum capacity
of the OAM-IM when the number of mode combinations
pc = 2ηL and the total number of available combinations
pa = C(L,LA) are not equal pc ̸= pa. With BF-based
channels, the optimal AMC is not guaranteed due to the
oscillatory nature of channel gain. In contrast, MBF-based
models provide more stable channel gain under varying
conditions. Specifically, the MBF-based model ensures a
uniform beam divergence effect, where lower-order OAM
modes consistently achieve higher capacity than higher-
order modes. This stability facilitates a straightforward
determination of the optimal AMC for the OAM-IM system.
A detailed comparison of the channel gains derived from the
BF and MBF models is provided in Section V.

First, the set of AMC Lk̃ is sorted in descending order
from the highest to the lowest sum of the channel capacity.
Subsequently, the set of optimal AMC Lk is obtained by
selecting the first pc combinations from the sorted Lk̃ .
Therefore, the optimal AMC Lk can be expressed as

{Lk} = arg sort
k̃={1,...,pa}
k={1,...,pc}

∑
l∈Lk̃

log2

1 +

P
∣∣∣h(g)ml ∣∣∣2
σ 2
l U


 . (20)

Table 1 shows the LUTs for the proposed mode com-
bination and conventional OAM-IM schemes, assuming a
set of mode combinations of L = 4, 6, 8 and LA = 2,
with a total of pa = 6, 15, 28 mode combinations and
pc = 4, 8, 16 possible AMC. The basic IM scheme employs
initial combinations pc and discards the remaining com-
binations pa − pc (see ‘‘Conv.1’’ in Table 1). Otherwise,
the conventional OAM-IM scheme employs LUTs to
ensure a balanced selection probability for OAM modes
(see ‘‘Conv.2’’ in Table 1) [12]. However, these schemes do
not consider the property of OAM mode. According to the
MBF-based channel model, the set L = [−1, 1] offers the
highest sum capacity, whereas L =

[
⌊

−U+1
2 ⌋, · · · , ⌊U2 ⌋

]
has the lowest sum capacity. The proposed selection scheme
is designed as a priority-based methodology, in which
combinations are selected by including lower-order OAM
modes within the combination. In other words, this scheme
prioritizes lower-order OAM modes while intentionally
reducing the use of higher-order OAM modes to mitigate
the inherent problems of OAM, such as increased beam
divergence. Therefore, the scheme achieves an optimized
mode combination that directly contributes to improved
system efficiency and markedly reduces complications asso-
ciated with beam divergence. This ensures a more reliable
and robust communication system, leveraging the distinct
advantages of low-order OAM modes to achieve a superior
performance.

IV. PERFORMANCE ANALYSIS
In this section, the upper and lower bounds of the sum
capacity of the proposed system are derived using MI.
Moreover, the average BER (ABER) was analyzed in the
upper bound using a maximum likelihood (ML) detector
under perfect CSI.

A. SUM CAPACITY ANALYSIS
According to the chain rule of MI [25], the sum capacity of
OAM-PO-IM can be expressed by the MI between ỹ, s, and f
in (14), where f = {1, · · · ,F} and F = 2ηP+ηL , that is,

R(0, 3) = I (ỹ; s, f ) = I (ỹ; s|f ) + I (ỹ; f ), (21)

where I (ỹ; s|f ) denotes the symbol domainMI conditioned on
the PO and mode combination index and is expressed using
Shannon’s continuous-input continuous-output memoryless
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TABLE 1. Look-up table for OAM-IM with conventional and proposed mode combination schemes, LA = 2.

channel’s (CCMC) capacity [26] as follows:

I (ỹ; s|f ) =
1
F

F∑
f=1

log2

(∣∣∣∣∣ 1σ 2
l

6f

∣∣∣∣∣
)

, (22)

where 6f = σ 2
l IM +

1
U 03f 3

H
f 0H . σ 2

l is the noise variance
for the lth OAM mode. The signal-to-noise ratio (SNR) is
defined as Es/No = (λ/(4πDσl))2, with Es = E

{
∥Hxl∥2F

}
=

LA(λ/(4πD))2, where E is the expectation operator and ∥·∥F
is the Frobenius norm [27].

The MI term for the IM domain I (ỹ; f ) represents the
information transmitted by the random index switch. The
closed-form lower bound for I (ỹ; f ) is given as follows
[16, AppendixA]

I (ỹ; f ) ≥ log2
F
eM

−
1
F

F∑
f=1

log2

(
F∑
t=1

∣∣6f
∣∣∣∣6f + 6t
∣∣
)

. (23)

By substituting (22) and (23) into (21), a closed-form lower
bound approximation can be expressed as

RLB(0, 3) = −
1
F

F∑
f=1

log2

(
F∑
t=1

(
eσ 2

)M
/F∣∣6f + 6t
∣∣
)

. (24)

At an asymptotically high SNR, that is, I (ỹ; f ) ≈ log2 F ,
the upper bound of (21) is given by

RUB(0, 3) = log2 F +
1
F

F∑
f=1

log2

(∣∣∣∣∣ 1σ 2
l

6f

∣∣∣∣∣
)

. (25)

To obtain a more accurate approximation, the closed-form
approximation of RLB(0, 3) can be compensated by adding
a constant gapM (log2 e− 1) [28].

Proof: The derivations for the bounds in (24) and (25)
have been validated in [16] and [28]. The tightness of the
lower bound by adding a constant gap of M (log2 e− 1) at
high SNRs was demonstrated in [28]. To avoid repetition,
we have omitted them for brevity. □

TABLE 2. Computational complexity comparison between OAM-IM and
OAM-PO-IM.

TABLE 3. Computational complexity comparison for L = 4, LA = [1, 2, 3],
M = 4, and G = [2, 3, 4].

B. ABER ANALYSIS WITH MAXIMUM LIKELIHOOD
DETECTOR
Based on the signal model (14) and the ML detector (15),
the pairwise error probability (PEP) of symbol s can be
derived as

P(s → ŝ) = P
(
∥ỹ− 0(g)s∥2 > ∥ỹ− 0(g)ŝ∥2

)
= Q


√√√√∥∥0(g)(s− ŝ)

∥∥2
2σ 2

n

 (b)
≈

1
12
e
−

1

4σ2n +
1
4
e
−

1

3σ2n ,

(26)

where (b) is used for Q(x) ≈
1
12e

−x2
2 +

1
4e

−2x2
3 [29]. 1 =∥∥∥0(g)(s(g) − ŝ(g))

∥∥∥2. Using (26), the upper bound of the bit
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TABLE 4. Summary of simulation results with varying parameters.

TABLE 5. Simulation parameters.

error probability can be expressed as

Pb ≈
1
2η

∑
s

∑
ŝ

P(s → ŝ)e(s, ŝ)
η

, (27)

where e(s, ŝ) is the number of bit errors for the corresponding
pairwise error event.

C. COMPLEXITY ANALYSIS
In this section, the computational complexity of the proposed
system is analyzed for the detectors and compared with that
of the conventional OAM-IM system, as shown in Table 2.
The complexity analysis is based on the real multiplications
required for OAM-IM and OAM-MM-IM, as outlined
in previous studies [12], [13]. The proposed OAM-PO-
IM requires an additional detection step for the PO state
compared to previous studies. According to (15), ML detec-
tion requires (4LA + 2L)2ηLGMLA real multiplications.
This increase is ascribed to the index matrix 3, which
incorporates the number of UCSA groupsG, which increases
the complexity compared to OAM-IM. Consequently, the
computational complexity of ML detection is on the order of
∼ O(G2ηLLMLA ). According to (16) to (19),, the proposed
LLR-based ML detection requires 7LMLA + GMLA + 3L,
with the term GMLA involving real multiplications.
Therefore, the computational complexity of the LLR-based
detector is on the order of ∼ O(GLLAM). Compared to
OAM-IM, the complexity of OAM-PO-IM is higher when
G is large for the same detector. However, when considering
systems with the same bpcu, OAM-PO-IM can operate with
a lower modulation order due to the additional PO index.

This reduction in modulation order helps to mitigate the dif-
ference in complexity between OAM-PO-IM and OAM-IM.

For example, when L = 4, LA = [1, 2, 3], M = 4,
and G = [2, 3, 4], the computational complexity is shown
in Table 3. The OAM-PO-IM scheme exhibits a higher
complexity than conventional OAM-IM when the same
detectors are used. However, the LLR-based ML detector
for OAM-PO-IM achieves lower complexity than the ML
detector of OAM-IM, even though OAM-PO-IM transmits
more bits. Furthermore, the highlighted cells in Table 3
represent cases where OAM-IM and OAM-PO-IM have the
same bpcu. In this scenario, OAM-PO-IM can operate with
a lower modulation order, specifically M = 2. Although
OAM-PO-IM maintains higher computational complexity
compared to OAM-IM, this difference can be reduced when
both systems are set up with identical bpcu.

D. ENERGY EFFICIENCY ANALYSIS
In general, energy efficiency (EE) is defined as the ratio of
capacity to total system power consumption. Thus, a typical
EE model is represented by

ηEE =
BR
ρtot

, (28)

where B is the bandwidth, R is the capacity, ρtot is the total
transmission power.

Utilizing the power consumption models of the OAM-SM,
GSM and OAM-MIMO systems [15], [17], [30], the energy
efficiency of the OAM-PO-IM system is analyzed and com-
pared with those of the existing OAM-IM and OAM-MDM
systems. The total transmit power for OAM-PO-IM can be
expressed as

ρPOIM
tot = LAρPOIM

c + δLAρ + Ngρsw, (29)

where ρPOIM
c is the power consumed by circuits associated

with an active OAM mode, δ is the slope of load-dependent
power consumption, ρ is the transmit power of a transmission
antenna, ρsw denotes the power consumed by a single RF
switch during the UCSA group section, with Ng = 2ηP

representing the number of single pole double throw (SPDT)
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FIGURE 5. Comparison of channel gain |hl | between BF and MBF
corresponding to the (a) distance between Tx-Rx UCAs center, D,
(b) radius of Tx-Rx UCA, rt , rr , where l = [1, 2, 3, 4].

RF switches. Each SPDT switch connects to each of the
UCSA sets [31], [32]. The total circuit power consump-
tion ρPOIM

c , which includes the power of the baseband,
RF chains, and low noise amplifiers (LNA), is given by [30]

ρPOIM
c = 2ρBB + 2LρRF +MρLNA, (30)

where ρBB, ρRF, and ρLNA are the power consumed by
baseband processor, the RF chain of the Tx/Rx antenna,
and LNA, respectively.

For existing OAM-IM and OAM-MDM systems, the total
power consumption model can be represented as

ρIM
tot = LAρIM

c + δLAρ,

ρMDM
tot = LρMDM

c + δLρ,

ρPOIM
c = ρIM

c = ρMDM
c , (31)

Circuit power consumption is consistent across all systems
since each utilizes the same number of M elements for the
Rx UCA and L modes for the OAM-MDM system. However,
total power requirements differ among systems. In particular,
OAM-IM does not require a UCSA selection switch, while
OAM-MDM demands the activation of all UCA elements.

V. RESULTS AND DISCUSSION
In this section, numerical results are presented to compare
the performance of the OAM-PO-IM, OAM-IM [12], and
OAM schemes, validating the analytical approach regarding
the sum capacity, ABER, and energy efficiency. A summary
of the simulation results for different parameters is presented
in Table 4.
Table. 5 shows simulation parameters, which is considered

similar to the experimental setup reported in [3] and [33].
The proposed model sets the carrier frequency to 28 GHz,
corresponding to a wavelength of λ = 0.01 m. The radius

FIGURE 6. Sum capacity bound with different active modes LA, N = 8,
U = 4, G = 2.

FIGURE 7. Sum capacity with different methods: OAM-PO-IM vs OAM-IM
vs OAM-MDM.

FIGURE 8. Sum capacity with different mode combination schemes,
L = {4, 6, 8}, LA = 2, G = 2.

of the Tx and Rx UCA is rt = rr = 0.3 m and the
transmission distance is D = 10 m. Furthermore, the number
of UCSA G = 2, 3, 4 and Rx UCA antenna elementsM = 4.
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FIGURE 9. Sum capacity with different configurations for
N = 8, 12, 16, 24, with LA = 2 and M = 2.

Active modes are set as LA = 1, 2, 3 among total modes L.
The symbol modulation sets the binary PSK (BPSK) and the
quadrature PSK (QPSK) withM = 2, 4.
Fig. 5 shows the comparison of absolute channel gain

|hl | between BF and MBF corresponding to the distance
between the center of Tx-Rx UCAD and the radius of Tx-Rx
UCA rt , rr , where l = [1, 2, 3, 4]. It can be observed that
the BF-based channel gain for each mode oscillates as the
distance and radius vary; however, the MBF-based channel
gain maintains that the low-order mode achieves a better
gain than the high-order mode. In conclusion, MBF- based
channel modeling is a suitable approach to provide a stable
basis to optimize AMC in OAM-IM systems.

A. SUM CAPACITY PERFORMANCE COMPARISON
Fig. 6 illustrates the upper and lower bounds of the
sum capacity for the proposed OAM-PO-IM with varying
active modes LA. As LA increases, both bounds increase.
The lower bound with constant gap M (log2 e− 1) and
the upper bound become tighter at high SNR, that is,
SNR > 25 dB. Fig. 7 compares the upper bound of the
sum capacity for OAM-PO-IM, conventional OAM-IM,
and OAM are indicated by solid, dashed, and dash-dotted
lines, respectively. In OAM-PO-IM and OAM-IM, active
modes LA = 2 were selected from L = 4. Moreover,
OAM-PO-IM varied the number of UCSA G = 2, 4.
Due to the absence of a mode activation feature in the
OAM-MDM system, we set the total number of modes
Lo = 2, 4 to match the number of LA and L in the IM scheme.
When Lo = LA, OAM-PO-IM outperformed the existing
methods. When Lo = L, OAM-MDM performed better than
OAM-PO-IM with G = 4 at high SNR. However, at low
SNR, OAM-PO-IM demonstrates better performance than
conventional techniques by approximately ηP bits as the value
of G increases.
Fig. 7 presents the capacity of OAM-PO-IM with different

mode combination strategies, as listed in Table 1. To compare

FIGURE 10. Average BER of OAM-PO-IM with different active OAM modes
LA = 1, 2, 3.

FIGURE 11. Average BER of OAM-PO-IM and OAM-IM with same bpcu,
η = 4, 6.

different mode combination strategies for each identical L,
at an SNR of 10 dB, the capacity gains of the proposed
scheme over the conventional schemes (Conv.1 and Conv.2)
are quantified as approximately 0.42 and 0.21 bps/Hz for
L = 8, 0.28 and 0.09 bps/Hz for L = 6, and 0.11 and
0.04 bps/Hz for L = 4. This suggests that the strategy
of prioritizing lower OAM modes becomes more effective
in enhancing channel capacity when considering the same
number of modes across the entire SNR range. To compare
different L, due to the benefit of IM, a larger number of modes
(L = 8) exhibit higher capacity when SNR < 17. However,
when SNR > 17, a smaller number of modes (L = 4)
achieve a higher capacity. This is because, as the number
of modes increases, higher-order modes may be involved
in active mode combinations more often than lower-order
modes, which means that higher L does not always achieve
higher capacity when the active mode is fixed. Therefore,
it can be concluded that OAM-PO-IM is more beneficial
at low SNR. However, at high SNR, the capacity remains
highly dependent on the OAM-MDM scheme.
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FIGURE 12. Average BER of OAM-PO-IM with different configurations
(a) N = 16, (b) N = 12 with LA = 2 and M = 2.

Fig. 9 illustrates the sum capacity for various configu-
rations of the total number of Tx UCA elements N =

{8, 12, 16, 24} with fixed LA = 2 and M = 2. For a
given number of N , at low SNR, a large number of UCSA
elementsU , which corresponds to a higher-order OAMmode
L = U , results in a higher capacity due to the advantage
of index bits. In contrast, at high SNR, the capacity for
higher-order OAM mode combinations decreases due to the
effects of beam divergence [11]. As the grouping parameterG
increases from 2 to 4, the sum capacity across the entire SNR
range also increases. However, for values ofG such as 3 and 6,
which are not powers of 2, the system cannot fully exploit the
potential of G to enhance capacity. Instead, the capacity for
these values aligns with that of the nearest lower powers of 2.
In conclusion, for a given number of total elementsN , a larger
number ofG can increase the overall capacity andmitigate the
effect of beam divergence at high SNR.

B. ABER PERFORMANCE COMPARISON
Fig. 10 represents ABER for OAM-PO-IMwith active modes
LA ranging from 1 to 3, and N = 8,U = 4,G = 2. As LA
increases, the performance of BER deteriorates. In addition,
the simulated and analytical results are tighter at a high SNR
for the ML detector. It can also be observed that for all
values of LA, the performance gap between the LLR and ML
detectors is marginal and becomes negligible at high SNR.
Therefore, the LLR detector is a viable option for practical
implementation due to its significantly lower complexity.

Fig. 11 compares the ABER performance with the same
bpcu η = 4, 6, where (LA,M,G) = (1, 2, 2), (2, 2, 4) for
the proposed OAM-PO-IM and (LA,M) = (1, 4), (2, 4) for
OAM-IM. To achieve the same bpcu, the OAM-IM requires a
higher modulation order than the OAM-PO-IM. At low SNR
regime, OAM-PO-IM exhibited a worse BER performance
than OAM-IM. This is because the additional index detection
for the PO state in OAM-PO-IM introduces more errors
at low SNR, leading to a higher BER. However, as the
SNR increases, OAM-PO-IM performs better than OAM-IM,

FIGURE 13. Energy efficiency with different methods: OAM-PO-IM vs
OAM-IM vs OAM-MDM.

specifically when SNR>7 for η = 4 and SNR>8 for η = 6.
Notably, OAM-PO-IM shows a BER gain of approximately
0.9 dB and 1 dB at a BER of 10−4.
Fig. 12 illustrates theABERofOAM-PO-IMwith different

configurations for (a) N = 16 and (b) N = 12, both
with fixed LA = 2 and M = 2. For Fig. 12.(a), the
configurations are consistent with those of Fig. 3.(b) and (c),
using (N ,U ,G) = (16, 4, 4) and (16, 8, 2), respectively. The
configuration (16, 4, 4), with a lower bpcu, achieves better
BER performance at low SNR compared toU = 8. However,
at high SNR, BER performance degrades due to the increased
value of G in a UCA with the same radius. Fig. 12.(b)
shows ABER performance for configurations (12, 4, 3) and
(12, 6, 2). Unlike the N = 16 case, both configurations for
N = 12 transmit the same PO index bit, µP = ⌊log2 G⌋ =

1 bit, but differ in mode index bit: µL = 2 for (12, 4, 3)
and µL = 3 for (12, 6, 2). Similarly to the N = 16 case,
(12, 4, 3) achieves a better BER at low SNR, but the result
can be the reverse at high SNR. It can be observed that at high
SNR, the configuration (16, 4, 4) performs worse than others,
indicating that PO state detection can lead to performance
degradation compared to activemode detection. Additionally,
for all configurations, the LLR detector exhibits a slight
performance loss compared to the ML detector across the
entire SNR range.

C. ENERGY EFFICIENCY
Fig. 13 represents the energy efficiency of OAM-PO-IM,
OAM-IM, and OAM-MDM with respect to SNR ρ. The
power consumption parameters were set to δ = 4,
ρBB = 200 mW, ρRF = 250 mW, ρLNA = 20 mW, and
ρSW = 5 mW [30], [31], [32], [34]. For the sum capacity of
the method, the configuration parameters were set as shown
in Fig. 7, with L = 4 and LA = 2. It can be observed that the
energy efficiency of all methods increases with an increase
in the SNR. When the SNR is larger than 4dB, the energy
efficiency decreases with increasing SNR. When the SNR is
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fixed, the energy efficiency of OAM-PO-IM is larger than
that of OAM-IM and OAM-MDM. Although OAM-PO-IM
transmits extra bits and uses more power because of the PO
state, the power increase is less significant compared to the
capacity boost gained from antenna switching, leading to
enhanced energy efficiency.

VI. CONCLUSION
In this paper, a novel OAM-IM was introduced and analyzed
by employing PO states ofmisalignment inUCA-basedOAM
communication. The PO state according to UCSA selection
does not affect the distortion of OAM mode orthogonality
but can be a distinguishing index information using different
phase profiles. Furthermore, MBF was applied to derive
a channel model to obtain an effective AMC. Traditional
ML and a new low-complexity LLR-based ML detector
were proposed and compared with existing OAM-IM. The
simulation results showed that the proposed scheme can
provide better sum capacity with the equivalent system
configuration and better BER performance compared to
conventional OAM-IM under the same bpcu conditions at
high SNR region.

In the future, this study can be extended to ana-
lyze non-LoS scenarios and tilt/displacement misalignment,
which present challenges in detecting index bits in practical
OAM communication systems. Addressing these challenges
would require more sophisticated channel modeling, beam
steering, and robust detection schemes [6], [18], [35].
Additionally, a new mode combination method can be inves-
tigated to include the mode 0 state, potentially improving
capacity. Second, replacing a single UCA with multiple
concentric UCAs may increase the system’s multiplexing
gain [11], [33]. Future research could focus on optimizing
UCSA configurations across multiple UCAs and selecting
the optimal placement of active elements to maximize sum
capacity. Lastly, conducting experimental validation is a
critical area for future research to verify the proposed models
in real-world scenarios.
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